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Abstract

What is the socially optimal long-run size of the central bank balance sheet, once interest
rates are away from the effective lower bound and the balance sheet is no longer needed
for monetary stimulus? | introduce a central bank into a model in which banks are liquidity
mismatched and prone to sudden ‘bank runs’. Supplying central bank reserves reduces

the likelihood and severity of runs, but comes at a cost: constraints on the set of securities
the central bank can hold mean a larger balance sheet crowds out private investment and
misallocates capital. | calibrate the model to pre-financial crisis conditions and empirical
estimates of the non-linear reserve demand curve, and compute optimal policy. Under full
information, it is optimal to expand reserve supply to the point where reserve demand is
satiated, but no further. However, because under-supplying reserves is more costly than
over-supplying them, robustness to parameter uncertainty calls for an additional buffer in
reserve supply. But even for high degrees of robustness, the buffer needed is no larger than
two and a half percentage points of bank assets. The policy prescription remains restrained:
robustness moves the balance sheet modestly beyond satiation, but fails to justify an
open-ended provision of abundant reserves.
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1 Introduction

During both the great financial crisis and the Covid-19 pandemic, central banks around the
world purchased large volumes of assets from the private sector, financed by the creation
of new central bank reserves. These purchases drove reserve supply far beyond the amount
demanded by the banking sector for its daily liquidity needs (Afonso et al. 2024). The
expansion in central bank balance sheets was a by-product of the unconventional monetary
policy measures taken when interest rates were constrained by the effective lower bound. But
as short-term rates began to rise in 2022, central banks no longer needed to maintain large
balance sheets to set the stance of monetary policy. Consequently, they began to scale back
their asset holdings (through a mixture of sales and allowing assets to mature) and, with
them, the level of reserve supply (Figure 1). The open question now facing policymakers is

where the process of balance sheet normalisation should stop.
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Figure 1: Central Bank Assets as a Percentage of GDP. Source: FRED; ECB; Bank of England.

Proponents of large central bank balance sheets argue that the expansive provision of
liquidity improves financial stability, alleviating an inefficiently low supply of ultra-liquid
assets which only the central bank can provide (Greenwood, Hanson, and Stein 2018; Arce et
al. 2020; Eren, Jackson, and Lombardo 2024; Sack and Gagnon 2019; Karadi, Thaler, and



Tristani 2024). Critics argue that distortions created by a large central bank footprint in
private markets can outweigh these benefits, at least for some levels of reserve supply (Borio
2023; Vissing-Jgrgensen 2023; Bindseil 2016; Acharya and Rajan 2024). This paper builds a
unified, general equilibrium welfare framework in which both the liquidity benefits of reserves

and the cost of supplying them arise endogenously.

The modelling environment centres on a banking sector exposed to endogenous liquidity
panics (as in Gertler and Kiyotaki (2015) and Gertler, Kiyotaki, and Prestipino (2020)").
In this setting, a central bank can improve welfare by supplying reserves — a perfectly
liquid, risk-free asset not otherwise available to the financial sector. Increasing reserve supply
reduces the likelihood and severity of financial crises by ensuring the banking sector is better
equipped to meet rapid liquidity outflows. However, this liquidity insurance comes at a cost.
Central banks must hold assets to back their reserve liabilities. But constraints on the central
bank’s asset mandate mean it must concentrate its portfolio in a narrow set of securities,
artificially depressing their yields and distorting the allocation of capital across sectors. In
the long run, this capital misallocation reduces output. The cost of expanding the central
bank balance sheet therefore emerges endogenously, whereas existing work has largely treated
it in reduced form.? The optimal level of reserve supply trades off liquidity benefits against

the costs of capital misallocation.
The paper makes three contributions to this debate.
1. Under full information, ample reserve supply is optimal

The model characterises the socially optimal long-run reserve supply. I match the model
to the empirical evidence on the non-linear reserve demand curve, to quantify the costs and
benefits of reserve supply and map the empirical evidence into a normative assessment. In
this model, under full information, the welfare-maximising balance sheet supplies reserves
up to the point where reserve demand is close to satiation. That implies an “ample” supply
regime, close to the kink in the reserve demand curve, where the marginal liquidity value of
additional reserves falls close to zero. Here, reserves are roughly 15% of banking sector assets,
comparable to the level of reserve supply in 2023-24. Beyond this point, further expansion of

reserve supply is welfare-reducing even if the marginal cost of doing so is close to zero.

IThese models capture banking instability through both financial accelerator effects and liquidity mismatch
in the spirit of D. Diamond and Dybvig (1983).

2See for instance Gertler, Kiyotaki, and Prestipino (2016); Afonso et al. (2023) and Eren, Jackson, and
Lombardo (2024).



2. Robustness to uncertainty requires only a modest increase in reserve supply

Relaxing the assumption of full information, I consider a policymaker who acknowledges
that the data cannot pin down the model parameters with certainty. I assess the robustness
of different reserve policies across a set of plausible parametrisations (in the spirit of the
robust policy literature (Hansen and Sargent 2008)), and estimate the cost of achieving
robustness. I find that under-supplying reserves is on average more costly than over-supplying
them.? As a result, robustness implies supplying more reserves, not fewer. Rules that insure
against deeper tails of adverse risks prescribe larger buffers over the optimal policy under full
information. However, achieving a high degree of robustness requires only a relatively small
increase in reserve supply: no more than around two and a half percentage points of bank
assets. Even the most risk-averse rules therefore prescribe restraint: a small buffer above the

ample optimum, but not a return to open-ended, abundant reserve supply.
3. The cost of reserve supply depends on the composition of central bank assets

I develop a new theory of the cost of expanding the central bank balance sheet, centred
on capital misallocation. I show that the cost of reserve supply depends on the concentration
of the central bank’s asset portfolio used to back reserves; not on its size alone. For a given
stock of assets, broadening the set of securities the central bank is permitted to hold lowers
the dispersion in marginal products across asset classes, and reduces the output loss from
capital misallocation. Policies which seek to widen eligibility for the central bank balance
sheet, and reduce the distortions created by the central bank’s footprint in private markets,

are therefore welfare improving.

Related literature. The normative exercise at the heart of this paper relates most
closely to a growing literature on the optimal size of the central bank balance sheet. Vissing-
Jorgensen (2023) characterises the optimum from the perspective of maximising the total
surplus created by the availability of liquid, safe (‘convenient’) assets. That framework
emphasises that the convenience provided by reserves should be offset against the convenience
of the assets central banks must hold to supply them. I build on this work in two ways. First,
both sides of the trade-off arise endogenously in my framework, such that both are quantified
directly in terms of household welfare: the convenience of reserves is micro-founded in the
reduction of the risk of systemic liquidity crises which destroy consumption, while the social

cost of expanding the central bank arises from capital misallocation which compresses output.

3Liquidity crunches such as the September 2019 repo turmoil support the notion that misjudging where
reserve scarcity begins can be very costly (Copeland, Duffie, and Yang 2025).



The cost channel in this paper is consistent with Vissing-Jgrgensen’s argument that large
central bank balance sheets drive an inefficient scarcity in the net supply of the assets they
hold. However, in my framework, that scarcity is not costly per se. Rather, it pushes private
markets to lend at sub-optimally low rates, distorting the economy away from the efficient
allocation of capital, consistent with recent empirical evidence (Acharya et al. 2025).* Second,
with a structural model, I can extend the analysis to consider robust supply policies: in
addition to the benchmark which takes the reserve demand curve as known, I characterise
the supply a central bank should choose when it is uncertain about the true parameters of
the economy. I show that, depending on the policymaker’s attitude to risk, robustness can
imply policy rules which do not necessarily maximise total convenience, expanding reserve

supply beyond the point of satiating reserve demand.

In more quantitative macroeconomic models, Eren, Jackson, and Lombardo (2024) study
the size and composition of the balance sheet that allocates duration risk optimally in a model
with financial frictions, but abstract from the details of reserve demand: reserve demand
enters in reduced form, through the effect of reserve holdings on the incentive constraint,
rather than through a non-linear demand schedule with a satiation point. In the absence of
costs related to the size of the balance sheet, the optimum in their framework is a corner: the
central bank would optimally hold all eligible assets. Arce et al. (2020) study how reserves
alleviate interbank frictions and find that steady-state welfare is monotonically increasing
in balance sheet size, even when the central bank must fund itself with distortionary taxes.
Karadi, Thaler, and Tristani (2024) argue for supplying reserves beyond banks’ aggregate
liquidity needs, but suggest limits to optimal reserve supply are driven by off-model costs
such as political constraints and exposure to financial losses. By contrast, in my framework,
decreasing marginal benefits and increasing marginal costs arise endogenously. Both forces
are quantified within a single welfare framework. As a result, the optimal policy has an
interior solution, at which the central bank holds a non-zero asset portfolio but does not hold
the maximum eligible amount, without assuming the central bank faces any cost the private

sector does not.?

W. Diamond, Jiang, and Ma (2024) estimate a liability-side cost: in a structural model of the US banking
system, reserves raise banks’ marginal cost of lending, so that reserves injected by QE crowd out lending to
firms. Their channel and mine, though different in mechanism, both imply a marginal cost of reserve supply
that does not vanish once demand is satiated.

®Alexandrov and Brunnermeier (2026) study balance sheet and interest rate policy jointly, but from a
different perspective: the balance sheet serves to allocate interest-rate risk between the central bank and the
private sector, and deliberately plays no liquidity role. Here, by contrast, the long-run level of reserve supply
sets the socially efficient level of liquidity risk, disciplined by evidence on estimated demand for liquidity.



In my framework, the optimal level of reserve supply can be estimated by fitting the
model to the empirical reserve demand curve (Afonso et al. 2024; Lopez-Salido and Vissing-
Jorgensen 2025; Lagos and Navarro 2026) and related empirical targets. I take the estimates
in Afonso et al. (2024) as a key empirical target. The model reproduces the non-linear
features of the empirical reserve demand curve: the demand curve is steeper and more volatile
when reserves are scarce; flatter and more stable when supply is greater. Matching the model
to this data uses the estimated demand curve to generate a quantitative statement about

optimal policy.

The policy robustness exercise in this paper relates to a large literature on the supply of
reserves under uncertainty. This topic has been studied since Poole (1968), who emphasises
how payment-flow uncertainty generates a precautionary demand for reserves. Most closely
related to my paper, Afonso et al. (2023) characterise the optimal supply of reserves when
the parameters of the reserve demand curve are uncertain. In their analytically tractable
framework, uncertainty about the location and shape of the reserve demand curve raises
optimal supply relative to an exogenous target level of supply in the policymaker’s loss
function. This logic underpins the Federal Reserve’s reserve supply framework, which sets
supply with a buffer against unpredictable shifts in reserve supply and demand (Ihrig, Senyuz,
and Weinbach 2020). This paper reaches a similar qualitative prescription in a general
equilibrium environment. Rather than assuming a loss function with exogenous targets and
penalty weights, my approach micro-founds the policymaker’s target level of reserves under
full information and explicitly models the (possibly asymmetric) costs of deviating from it.
Using this framework, I consider a setting where the policymaker is uncertain not only about
the state of reserve demand, but about all the model’s parameters governing the costs and
the benefits of reserve supply. I find that robust policy rules expand reserve supply above
the full information benchmark, in line with existing literature. I build on this result by
quantifying both how large a buffer is needed to ensure robustness, and how costly such a
buffer would be, in terms of household welfare. The results suggest the quantitative impact
of uncertainty on optimal policy is small: even a modest buffer over the full information case

provides a high degree of robustness to parameter uncertainty.

Finally, I note two areas that are beyond the scope of my paper. First, I do not consider

the effect of supplying reserves on the implementation of monetary policy.® Equally, my

6Bianchi and Bigio (2022) is the now canonical framework for analysing how reserve supply interacts with
the implementation and transmission of monetary policy. For policy-focussed summaries of this topic and its
interaction with different balance sheet regimes, see Borio (2023) and Schnabel (2023).



framework abstracts from the political economy implications of central bank balance sheet

risk and its implications for central bank independence from the fiscal authority.”

Outline. Section 2 briefly sets out the banking sector, household problem, and the risk of
financial panics, focussing on how these factors provide a micro-foundation for the convenience
benefits of reserves. Section 3 introduces the production side of the economy and develops
the theory for how the central bank can generate capital misallocation: the cost of reserve
supply. Section 4 characterises the optimal size of the steady-state balance sheet analytically.
Section 5 fits the model to data on reserve demand and presents quantitative welfare results.
Section 6 investigates reserve policy which is robust to policymaker uncertainty about the

true parameters of the model. Section 7 discusses policy implications, and concludes.

2 Households, banks and the central bank

The household and financial blocks of the model are broadly as in Gertler and Kiyotaki
(2015), with the addition of a central bank that issues reserves. Importantly, agents internalise
the liquidity benefits of reserves, generating a reserve demand curve that reproduces salient

features of the empirical reserve demand literature.

A continuum of identical households of measure 1 populate the economy. Households can
save by holding financial assets directly (“capital”) or bank deposits. Banks raise funds by
issuing deposits, in order to invest in capital and central bank reserves. Banks are subject to
a moral hazard friction and the possibility of ‘bank runs’ The central bank issues reserves,

and backs these liabilities by purchasing capital.

2.1 Capital

The total capital stock is fixed (and normalised to one) and does not depreciate. Households,

banks and the central bank can all hold capital, so that
K+ K} + K" = 1. (1)

A bank that intermediates capital in period t earns Z;,1 K} in the following period. Households

are less efficient than banks at intermediating capital and must pay an additional ‘management

"Hall and Reis (2015) and Del Negro and Sims (2015) consider the risk that central banks become insolvent
as a result of losses on their expanded asset portfolios, and the implications of such risks for inflation, monetary
policy, and the relationship between the central bank and the fiscal authority.



cost” F(K!) = o(K!)?/2 upfront, denominated in units of the consumption good.

2.2 Households

Households maximize

E, Z B*u(Chys),
s=0

where € (0,1) is the individual discount factor and u(C') = In(C), subject to the budget

constraint
Cy+ D+ QKM+ F(KM) < (Qu+ Z)K! | + W" + RID,_, + 11, + 7.

The price of the overall consumption basket C; is the numeraire, D, are deposits that pay
the gross return RY, (), is the market price of capital K, Z, its aggregate dividend, W" an
endowment, and II; is the sum of dividends from exiting bankers (I1?) and producing firms

(H{ ). 7¢ is a lump-sum rebate of central bank profits or losses to households.

For banks, deposits are one-period debt. With no bank runs, depositors receive the gross
return R, 1. In the event of a run, banks are fully liquidated and all depositors face the same
haircut, receiving 2,41 Ry41, where 2,41 € [0, 1] is the recovery rate. The gross deposit rate

that households receive is therefore

Ri Ry if no bank run;
t+1 = _
Tpy1Rpqq if bank run.

The first-order condition for deposits is

1= R E, [(1 — )t +ptA;t+1iUt+1} ; (2)

where X; denotes the value of variable X; in the equilibrium with a bank run. Similarly, the

first-order condition for capital is

Qi1+ Zi41 Qi1+ Zin
1=E; [(1—p)A - A7 —= . 3
t [( Pe) A (Qt A KD T Pelp g O, + o KF (3)

where Ay =0 Citrl is the stochastic discount factor implied by log utility.

For reference, the unconditional risk-free rate, accounting for the uncertainty from bank



runs, is given by:
-1
R{H = [(1 — ) B i1 + plEe Ay (4)

2.3 Banks

A fraction f € (0,1) of members of the household become bankers in every period and
receive some funds to start their operations. Over time, a bank remains in the market with
probability ¢ and exits with the complementary probability, so that, on average, a bank
operates for (1 — o)~! periods. When a bank exits, its net worth goes back to the household.
The fraction of banks that exit each period is replaced by an equal mass so that the size of

the banking sector remains constant.

The balance sheet of a bank that continues its operations at time ¢ is
th’f +my = di + ny,

where net worth is

ny = (Qt + Zt)k?_l + R:nmt,1 — R?dtfl-
Using the balance sheet constraint to substitute for deposits in the previous expression gives
the law of motion of net worth

ne = (Rf — R))Qi-1k{_y + (R" — R})my_1 + R{n;_1, (5)

where the return on capital is Rf = % The first term of (5) captures the spread that banks

earn from intermediating capital relative to the cost of funds. The second term measures the

spread o6 reserves.

Banking activities suffer a moral hazard problem. In every period, bankers can abscond

with a fraction 6 of the value of their capital. As a result, the value function of a bank is

Vi = max (1 — p)E; {Ar i1 [(1 = 0)Nea + o Vi) (6)

Kk dy,my

subject to (5) and the incentive compatibility constraint

Vi > thki)- (7)



Qek?b

The bank’s optimisation problem can be expressed as a choice of leverage ratio ¢; = -

and reserves to net worth, y = '+ so that

max V;/ny = ¢y = (1 — p;)Ey {Qt,t+1[(Ri€+1 — Rei1)e + (R — Reva)we + Rt+1]} (8)

Pty vt

where Q141 = Atyr1(1 — 0 + 0Vip1/Nipr) is the modified discount factor that takes into
account the probability that banks may exit.

Under the assumption that the incentive compatibility constraint binds in every period

(Vi = 0Q.k? Vt), the solution to the banks’ problem pins down an optimal leverage ratio
dr = /0. (9)

2.3.1 The convenience yield of reserves

When choosing the optimal level of reserve holdings, bankers internalise the marginal effects

of reserve holdings on their probability of experiencing a run (g%i = p;), and the funding cost

through their effect on the depositors’ pricing of deposits, }_%’7.8

Bankers’ first order condition for reserve holdings (‘g—f: = 0), determines the equilibrium

spread between the remuneration rate on reserves and their marginal funding cost

Q41 (RPY) — Rev)]

liquidity insurance funding cost effect

p/7 E[Qt,t-i—l ((Rf_l,_l - Rt+1)¢t + Rt+1)} + (1 - pt) E[Qt,t—i-l Ri/(dt/nt)}
1 — (pr +pm)

survival-probability
adjustment

(10)

When the spread on the left-hand side of (10) is negative, banks are willing to hold
reserves at below the marginal funding cost in order to capture liquidity benefits. In this
case, reserves earn a ‘convenience yield’ If the bank is fully insured, or further reserves have
no effect on their degree of liquidity risk, this yield collapses to zero. Reserve demand is

then satiated, and further supply expansion has no marginal price effect. Micro-founding the

8The functional form of p; is defined in Section 2.4. In equilibrium, p; will be a weakly decreasing function
of the bank’s expected recovery rate, and therefore, depend on the composition of the bank’s assets. In the
symmetric equilibrium studied, these bank-level conditions coincide such that p; represents the systemic run
probability.



convenience yield in this way reveals that it comprises two components.

First, liquidity insurance: by reducing the probability that the bank experiences a run,
higher reserve holdings also increase the present discounted value of future returns on capital,

captured by the first term in the numerator.

Second, funding cost effects: higher reserve holdings increase the volume of deposits the
bank must issue to fund them, feeding through to the bank’s funding costs. Depositors
monitor these variables and price them in their first order condition on deposits. The impact

on equilibrium deposit rates is captured in the second term in the numerator.

The total convenience yield is the total effect of the insurance and funding-cost channels,
scaled by a discount-factor adjustment in the denominator that accounts for how reserve
holdings affect the bank’s survival probability. When the net impact of liquidity insurance
and funding cost is sufficiently large, banks accept a negative return on reserves, forgoing

higher returns on capital to guarantee their liquidity position.

2.3.2 Aggregation

Summing over both the net interest income of the surviving banks and the endowment of

newly entered banks in the absence of bank runs, aggregate net worth evolves according to
Ny=o {(Rf — R)Q1 K | + (R;n — Rt) my_1+ RtNt—l} +wy, (11)

where w? is the aggregate initial transfer that bankers receive to start their operations in

period ¢, whereas aggregate dividends paid back to households are
H? = (1 — U) |:(Rf — Rt)Qt_thb_l + (R;n — Rt) me—1 + RtNt—1i| . (12)

In the symmetric equilibrium, aggregate bank capital and reserves are given by K? =
(¢eNy)/Qr and m; = 7, Ny respectively, directly imposing reserve market clearing. Finally,
aggregate deposits are implied by the balance sheet identity Dy, = (¢, + v — 1) NV;.

2.4 Bank runs

Runs are systemic (that is, a run affects all banks). When a run takes place, the banking
sector goes out of business (so that K* = N} = D; = 0) and households must absorb their

assets.

10



As a result, the liquidation price of capital in the event of a run must be consistent with

the household first-order condition when K/* =1 — K

Q; = E; (Atpr1(Qesr + Zigr)) — oK} (13)

Because households are less efficient at intermediating capital than banks, the liquidation
price is strictly lower than the normal times value of capital, whenever banks hold capital in
equilibrium. This drives a liquidity mismatch in banks’ balance sheets: bank assets cannot

be liquidated at their full market price.

In contrast to capital, central bank reserves are perfectly liquid. Reserves can be liquidated
by the bank at full value and transferred directly to the household as 1 period risk-free bonds
in the event of a run. I assume households hold these risk-free bonds until banks re-enter the

market, when they return to deposits (whose returns weakly dominate those of reserves).

Following a run at ¢, aggregate bank net worth follows

N/ =0
(14)
Ny = w® + ow®

After this period, net worth continues to evolve according to the law of motion defined in
(11).
2.4.1 The probability of bank runs

The recovery rate for depositors in a bank run, x;, is the ratio of the liquidation value of the

bank’s assets to the value of its liabilities in the run state,

Rf*Qt—le,1 + Ri"my_4
RiD;_4

Ty = min |1,

This rate has an upper bound of one as deposits never return more than their promised rate,

even when the bank makes excess returns.

Like Gertler, Kiyotaki, and Prestipino (2020) and previous works, the probability of a
run is assumed to be a decreasing function of the recovery rate, linking the risk of bank runs
endogenously to liquidity fundamentals. However, I introduce a non-fundamental shock to

depositor expectations, in order to model uncertainty about the aggregate fragility of the

11



banking sector to capture precautionary liquidity motives. Specifically, I assume household
expectations for the recovery rate are noisy. The expected recovery rate is the sum of the

‘true’ recovery rate and a shock &, but remains bounded at one, so that

Rfﬁ@t{(f + Ry

E(x = E; min |1,
) = B Ruyi D,

+ &g | - (15)

A bank run equilibrium exists if and only if the household believes that the bank would
not be able to repay the full value of its obligation, R,D,_1, should all other depositors run
on the bank. That condition is satisfied when the recovery rate is less than 1, implying that
a run would wipe out the banks’ entire net worth. Depositors rationally run on the banks if
and only if their expectation is for all other depositors to do the same. Therefore, the bank

run equilibrium exists as a sunspot whenever E(z;y;) < 1.

I assume the probability of the sunspot crystallising is

Pe = 0o [1 - Et($t+1)]6l ) (16)

where 0y and §; are parameters governing the level and sensitivity of the probability of
a run to liquidity risk, respectively. This functional form ensures that the risk of runs is

continuously differentiable in E(z;y1) and that p; > 0 only if the run equilibrium is possible.’

2.5 Central bank

The central bank issues reserves, m;, by purchasing capital. The central bank balance sheet
is therefore given by the identity:
QUK = m, (17)

where (), is the price of capital. The central bank earns a return on its capital holdings, and

remunerates reserves at rate I2}".

Any profits or losses from the central bank are rebated to the household in the form of a

lump-sum transfer, 7;.

9In principle this functional form needs to be capped such that p < 1. In practice, for the states visited by
the model, this cap never binds since the probability remains low.

12



3 The cost of supplying reserves

Central banks face tight political and legal constraints on the assets they are permitted to
hold (Vissing-Jaorgensen 2023). For instance, outside times of crisis, the Fed cannot in general
purchase securities which are not government guaranteed.!® While these asset mandates
differ across jurisdictions, they all typically limit central banks to holding a narrow range of
securities, relative to the universe of assets held by the private sector. For the purposes of
this model, the precise nature of these mandates will not matter: the crucial point is that

central banks cannot purchase all possible securities.

This section sets out the production block of the economy, intended to be the simplest
possible environment which captures how these constrained asset mandates can drive capital
misallocation in the aggregate when the central bank expands its balance sheet. This block
of the model is static so for the remainder of this section, I drop time subscripts to simplify

notation.

There is a unit mass of firms which produce the consumption good, split into two groups:
an Eligible sector ¥ with mass y and an Ineligible sector N with mass 1 — x. The central

bank can only purchase assets in the Eligible sector.

Each firm’s production technology exhibits decreasing returns to scale, such that distortions
in capital allocation can drive dispersion in the marginal product of capital and reduce
aggregate TFP (Hsieh and Klenow 2009). The firm in sector i uses loans, k;, to produce
output vy;:

Yi = Akzq

All firms have identical productivity, given by A and capital share a, such that sector E can
differ from sector N only in scale. The total output of the economy is given by the sum of
outputs across all sectors, such that outputs from different sectors are perfect substitutes.
Firms choose k; to maximise profits, taking z; and A as given, implying the standard first
order condition:

2 = Aak®™? (18)

so that the yield z; on the working-capital claim equals the marginal product of capital in

sector 7.

10Federal Reserve Act, Sections 14 and 13(3)
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3.1 Capital allocation

The aggregate supply of capital across sectors will depend on the combined holdings of the

private sector and the central bank.

The entire central bank asset portfolio is allocated to the sector eligible for central bank
purchases, implying a holding of K°/x in each firm in E. In contrast, private capital holdings
are allocated by fund managers who hold a portfolio of private capital services across firms

from both sectors. Define private capital as the sum of household and bank capital holdings:
K’ =K'+ K"

I assume that fund managers have inelastic asset demand such that they have a downward
sloping demand curve for securities from any given firm. Imperfectly elastic demand in
financial markets has been shown to be an important empirical factor in explaining variation
in asset prices (Koijen and Yogo 2019; Gabaix and Koijen 2023), and has been studied at
length in the literature on quantitative easing. It has been explained with reference to a
wide range of factors, including the presence of institutional investment mandates, regulatory
requirements, risk aversion, market segmentation, balance sheet constraints, preference for
diversification or other non-pecuniary properties of various assets.!* To represent these factors
in a tractable manner, I follow the empirical literature on inelastic asset demand and assume
that fund managers allocate private capital across production sectors according to a logit
demand system. Investor j allocates to sector ¢ to maximise utility U;; = z; + €;;, where ¢;;
are i.i.d. Type-I Extreme Value with scale parameter 1/\. Aggregating over investors, the

portfolio shares of private capital allocated to each sector are:

Xe)\zE
xerr + (1= x)er’

WE = WN = 1-— WE (19)
so that private capital allocations per firm are kY, = wp K?/x and kY, = wyK? /(1 — x).

This is equivalent to the ratio condition:

kg

o — MEE—2N) (20)
N

HSee for instance Greenwood and Vayanos (2010), Krishnamurthy and Vissing-Jgrgensen (2012), Chen,
Curdia, and Ferrero (2012), Del Negro et al. (2017), Vayanos and Vila (2021), Gabaix and Koijen (2023),
Abadi (2025).
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As A — 0, investor demand becomes perfectly inelastic and capital is allocated in
proportion to sector sizes regardless of yields. As A — oo, investors perfectly arbitrage yield

differences and capital flows entirely to the higher-yielding sector.

3.2 Equilibrium

An equilibrium consists of vectors of capital allocations (kg, ky) and returns (zg, zy) such
that:

1. The total supply of private capital satisfies:
K = KP4 K" = k% + (1= kS,
2. For each sector 7, the capital market clears

Ko+ K®/x ifi=FE
KX, ifi =N

%

3. The first-order conditions for the firm’s problem (18) and for the fund manager’s

portfolio choice (20) are satisfied.

3.3 The efficiency cost of the central bank asset holdings

The unique first-best allocation of capital maximises aggregate output subject to the resource
constraint. Efficiency requires that the marginal product of capital is equalised across all
sectors. Given symmetric productivities and technologies, this condition implies that all firms
operate at the same scale. With a unit mass of firms and unit aggregate capital, the efficient
allocation is simply k; = k* = 1Vi € [0,1] with a corresponding common yield z* = oA
satisfying the firm FOC.

In light of the constraints on the securities the central bank can hold, it is then straight-

forward to show that:

Proposition 3.1. When A\ > 0 and finite, the decentralised economy achieves the first-best
allocation if and only if K = 0.

Proof. See Appendix A.1.

Proposition 3.1 shows under general conditions that expanding the central bank’s footprint
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in private markets comes at a cost: when the private sector fails to fully arbitrage the distortion
created by the central bank, a central bank with constraints on the set of securities it can
hold will generate some degree of aggregate capital misallocation, consistent with empirical
evidence from the US: Acharya et al. (2025) identify capital misallocation resulting from Fed

asset purchases by comparing similar assets with differential exposure to the programme.

Given the central role of constraints on the central bank’s asset mandate, a natural

question is how the cost of the central bank changes as its eligibility set expands.

Proposition 3.2. For a fized total portfolio K and finite X > 0, expanding the central
bank’s eligibility set — redistributing holdings from eligible to ineligible assets — strictly reduces

the aggregate output loss from capital misallocation.
Proof. See Appendix A.2.

The result says that a central bank can reduce the cost of its balance sheet by spreading
its holdings more broadly across asset markets. The distortion in this model comes from
concentration: when the central bank can only buy one class of assets, it crowds private
investors out of that market and into others, pushing yields apart and misallocating capital.

Widening the set of assets the central bank can buy dilutes this concentration.

In the limit, a central bank that holds a representative market portfolio would generate
no distortion at all in this model, because it displaces private capital uniformly and gives
investors no reason to rebalance. Clearly this result does not consider other factors that may
motivate the constraints on asset mandates — in practice, it is unlikely that central banks are
best placed to hold certain types of assets. Nonetheless, absent these other factors, the cost

of reserve supply can be mitigated by supplying reserves against a broader asset portfolio.

3.4 Aggregation

Total resources are the sum of each sector’s output and the endowments for households and
bankers

Y = xyms + (1 — X)yns + W+ wh. (21)

Total firm profits are:

I/ = (ypt — zrikps) + (1 — X)(ynt — 2N thne)- (22)

16



All output is used for management costs or consumption by households:
Y, = Cy + F(K]). (23)

The aggregate dividend on capital sets the fund manager’s profits to zero such that:

Xzeikg, + (1= X)2n by,
Zt = L Kf t (24)

4 The optimal long-run balance sheet problem

This section characterises the planner’s problem analytically to expose the trade-off faced
by the policymaker and then sorts possible optima into one of three regimes: scarce, ample,
or abundant. Borrowed from the literature on the empirical reserve demand curve, this
convention classifies different reserve supply regimes by the slope of the reserve demand curve
in equilibrium. Supply is abundant when there are sufficient reserves to ‘satiate’ aggregate
reserve demand. Here, the convenience yield on reserves is low, and insensitive to further
increases in supply. In equilibrium, the demand curve is flat. Conversely, reserve supply is
scarce in the supply region where the demand curve is downward sloping. In this region, the
convenience yield on reserves responds to changes in supply. Finally, an ample regime falls
between the two, at the minimum level of reserves at which demand is ‘satiated’: the kink in
the demand curve beyond which the curve is flat.!? For analytical convenience, I write the
problem in terms of central bank assets K¢ = m/Q, rather than reserves m, and hold the

belief shock ¢ at its mean value.

The planner chooses the steady-state balance sheet level of capital K< € [0,x], to
maximise unconditional household welfare, taking the competitive equilibrium of Sections 2
and 3 as given. First write household welfare as a function of the central bank balance sheet,
W(K®) = W, (K%). This value function satisfies the recursion

Wi = u(Cp) + BI(1 = p)Wu + pWV], (25)

where W,, is the normal times value and W, is the value of entering a run state: the value
function therefore reflects aggregate uncertainty with respect to whether or not the economy

will enter a ‘bank run’ state. When p > 0, agents account for the possibility of endogenous

12Gee Afonso et al. (2025) for a graphical representation.
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dynamics arising as a result of runs: after a bank run, bank net worth jumps to zero before
the economy transitions back to steady state as new banks enter and accumulate net worth.
The welfare function therefore depends on the full saddle path for all endogenous variables in

the event of a run, through W,.

Differentiating the value function and using the equilibrium conditions, the planner’s first-
order condition (derived in Appendix B) yields a variation of the Friedman rule (Friedman
1969): set the marginal cost of reserve supply equal to its marginal benefit.!®> This condition
holds when:

der
u(Cn) [(2y = 2p) D] = B{(Wa=W:)(=px)] + 8 |p = |+ [MBkJ,
MC: misallocation (i) lower run probability ~—— ——(iii) capital-reallocation
(ii) milder runs incidence

where px = dp/dK® < 0 and ®(K®) € (0,1] records how much of a unit increase of
central-bank asset purchase increases eligible firms’ capital in equilibrium, after the private
sector has rebalanced.'® The marginal cost (LHS) measures the marginal welfare cost of
capital misallocation which occurs as a result of the central bank’s footprint in asset markets.

It is strictly positive whenever K > 0 and A\ < oo, continuous, and increasing in K.

The marginal benefit comprises three terms. Terms (i) and (ii) both capture liquidity
benefits. By raising the recovery rate E(z), reserves reduce the run probability p and, when
runs do hit, reduce their severity. Importantly, however, these liquidity benefit terms collapse
at satiation, when reserve supply drives the probability of runs to zero so that p = px = 0.
At this point, a kink in the demand curve arises, and the marginal liquidity benefits beyond

this point are zero.

Term (iii) measures the effect on holdings in the market for capital. Central-bank purchases
change how much capital households manage directly, on which they pay the convex cost
F(K"). The welfare effect is an incidence term which depends on how strongly banks
substitute toward reserves as their liquidity position improves (See Appendix B for detail). In
the numerical analysis, MBg is a small net cost but variation of the net effect across reserves
is an order of magnitude smaller than that of the liquidity benefit. As a result, this term
shifts the MB curve’s level but not its shape.

For simplicity, the characterisation above holds the belief shock £ at its mean value,

13The model nests the Friedman rule as the A — oo limit: with zero marginal cost of supplying liquidity,
full satiation is optimal.
4By construction ® — 0 as A — oo (perfect arbitrage); a closed-form expression is given in Appendix B.
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creating a sharp fall in marginal benefits where the steady state probability of a run hits zero.
In practice, with shocks to depositor beliefs, this drop is smoothed. Even where the recovery
rate is high enough to rule out runs at the mean shock value, the possibility of adverse draws
of £ keeps the probability of a run positive, and the effect of reserve supply on agents’ value
functions persists. As a result, the liquidity benefits decay sharply through a neighbourhood
of the satiation point rather than vanishing. For these reasons, it is more natural to consider
satiation as a range of supply levels in which there is a rapid fall in the slope of the demand

curve, rather than as a particular point.

Balance sheet regimes. Let K denote the smallest K< at which reserve demand is
satiated, and the demand curve is close to flat. The optimal regime is determined by where
the marginal-cost curve crosses marginal benefit, relative to the kink at K. Figure 2 illustrates
this point schematically. If the crossing lies far below K, reserves are scarce at the optimum
(Panel A). For this to occur, the marginal cost of supplying reserves must be large enough
to outstrip their liquidity benefits even when those benefits remain relatively high at the
margin. If the crossing of MB and MC lies in the neighbourhood of K, where marginal
benefit falls steeply as the insurance channels are exhausted, reserves are ample: the run
probability approaches zero from above, and the convenience yield is near to zero (Panel B).
Because marginal benefit falls steeply around the kink, a wide range of possible misallocation
costs delivers optima in this region. If marginal benefit still exceeds marginal cost at K, the
planner expands past satiation until marginal benefit equals marginal cost, and reserves are

abundant. The balance sheet is larger than satiation requires (Panel C).

From an analytical perspective, any of the three reserve regimes can be optimal. In the
following section, I fit the model to the data to assess which regime obtains in the empirically

relevant case.
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Figure 2: The taxonomy of reserve supply regimes: an illustrative depiction of conditions for different
reserve regimes to be optimal. The slope of the MB schedule falls sharply as p falls to zero. The
optimal level of reserve supply satisfies MB = MC. In each panel the optimal size of the central
bank balance sheet, and the size required to satiate reserve demand are denoted with black and
grey dotted lines respectively.

5 Numerical analysis

I solve for the global solution to the model in a setting where agents form rational expectations
over the exogenous shock process £ and over the endogenous probability of bank runs occurring.
The full non-linear solution is needed to capture non-linearities around liquidity panics, as
well as the effect on precautionary behaviour and risk premia from agents pricing the risk of

such events in normal times. I outline the key steps of the numerical procedure in Appendix

C.

5.1 Parameters

First, I fix a small number of parameters at conventional values. The quarterly discount
factor 3 is set to 0.99 and the capital share of producers a to 0.33. 1 set the demand
elasticity A to 21.8, the mid-point of the range of interest-rate elasticities of demand for US
government debt in the demand system reported in Eren, Schrimpf, and Xia (2023). The
share of productive assets eligible for central-bank purchases, y, is set to 0.29, which matches
the average ratio of a set of eligible assets (US Treasuries, government-sponsored enterprise
debt, and agency-owned mortgage-backed securities) to total credit-market debt outstanding

in the years before the financial crisis.

The remaining parameters are estimated. I collect the seven free structural parameters

in the vector © = (0, a", W" w®, 7,68,81). For any ©, A is chosen to normalise the price of
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capital to 1, ¢(©, A) = 1, fixing the units of the model.

Because bank runs are endogenous, the calibration cannot proceed moment-by-moment.
Every parameter affects the run probability through banks’ balance sheets, and the run
probability feeds back into every price and quantity in the model. All seven parameters must
therefore be disciplined by all of the targets jointly, which calls for a more involved strategy:

a single criterion over the full moment set, minimised globally.

I estimate © by minimising

m(©)-n ) le=mi(©)] +|mik(©)—ux| \2 2 (@), )
J(0) = Z(k(i)k) + > <[ (lf—&[)/z L) + Z;(’JJ%E]) )
=

keg keB

point moments interval moments demand-curve anchors

where [z]; = max(x,0). Each gap is scaled by how precisely its target is known: a measured
standard error where available, and otherwise a plausible interval with a penalty only outside
it.1> The point and interval moments describe the scarce reserve regime that prevailed before
2008, evaluated where central bank liabilities represent 3% of banking-sector assets'®; the
demand-curve targets are estimates of the slope of the reserve-demand curve from January
2010 to March 2025, covering a period of significant variation in the size of the Fed’s balance
sheet.

I target four point moments. The convenience yield on reserves is targeted at 25 basis
points with a standard error of 9, matching the spread (and HAC standard error) between the
effective federal funds rate and the three-month Treasury bill from 2002 to 2008. The annual
frequency of banking crises is targeted at 4.0% (following Gertler, Kiyotaki, and Prestipino
(2020), Reinhart and Rogoff (2009), Jorda, Schularick, and Taylor (2017)) with a standard
error of 0.68%, from the Jorda, Schularick, and Taylor (2017) panel with year-clustered
standard errors. The rise in credit spreads during a run is targeted at 250 basis points, guided
by the increase in the excess bond premium during the 2008 financial crisis (Gilchrist and
Zakrajsek 2012). Given uncertainty over the spread measure and the window over which
spreads rise, I assume a wide 95% range of 150 to 350 (a standard error of 50). Bank leverage

is targeted at 10 with a standard error of 1, so that the 95% range spans 8 to 12.17

5Written this way J is a diagonal GMM criterion, m’Q~'m with = diag(o3)

16Before the crisis, the Fed relied on a different operating framework in which reserves were not remunerated
but reserve balances were actively managed. Consequently, there is no direct empirical counterpart for
remunerated reserve supply for the pre-crisis period of the model. 3% represents a scarce liquidity supply but
acknowledges that banks nonetheless had access to some liquid assets and central bank liabilities such as cash.

1"The target follows standard calibrations (Gertler, Kiyotaki, and Prestipino 2020), and the standard error
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One moment enters as an interval: the bank’s spread on assets. The interval brackets are
the unit cost of financial intermediation estimated by Philippon (2015), whose annual series
averages 1.87% and has remained within 1.46-2.35%. Values within this interval contribute
nothing to the criterion inside the interval and a quadratic penalty outside it, scaled by the
half-width.

Three demand-curve anchors come from the reserve-demand elasticity estimates of Afonso
et al. (2024), summarised in three binned means and weighted by a common standard error
of 0.46 implied by the published confidence bands. The three anchors suffice to span the
level, slope, and curvature of the demand schedule without over-weighting the demand curve

data (which is highly serially correlated).

The parameters of the belief shock, o¢ and pe, are set to match the observed relationship
between the volatility in convenience yields and level of reserve supply, shown in the bottom

panel of Figure 3.

Table 1 shows the calibrated parameter values, which are all in line with typical values
in the literature. Households have log utility, implying a degree of risk aversion that is low
relative to the asset pricing literature. The model therefore likely delivers a conservative
estimate of the welfare gains from eliminating risk. Table 2 shows the model moments

compared to the target moments.

is chosen to approximate the variation of aggregate book leverage of US commercial banks.
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Table 1: Parameter Values

Parameter  Value Description

Households

15} 0.99 Discount factor

ah 0.0106  Household managerial cost
Wwh 0.0406  Household endowment
Bankers

o 0.9104  Banker survival probability
0 0.1781  Seizure rate

w? 0.00185 Banker start-up funds
Production

A 0.0449 TFP

Q@ 0.33 Output elasticity of capital
A 21.8 Fund manager yield sensitivity
X 0.29 Measure of Eligible firms
Run Beliefs

do 5.93 Run belief coefficient

01 1.45 Run belief exponent

Pe 0.940 AR1 coefficient of £

O¢ 0.003 Std. dev. of £ shock
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Table 2: Model vs. Target Moments

Point
Moment Model Target Source
Run probability (ann., pp)  4.00 4.0 JST (2017)
Convenience yield (bp) -26 —25 EFFR — T-bill, 2002-08
Run spread increase (bp) 269 250 GZ (2012)
Bank leverage, ¢ 10.42 10 GKP (2020)
Bank spread, R — R? (bp) 161 (146, 235] Philippon (2015)
HH capital holdings, K" 0.38 Untargeted —
Price of capital, @ 1.00 1 (normalisation) —

targets are weighted by their standard errors and the interval target is penalised only outside its range; K" is
not targeted. The reserve-demand elasticity curve is matched separately at three anchor points. JST (2017):
Jorda, Schularick and Taylor (2017).

5.2 Empirical validity

The parametrised model matches its target data on reserve demand, especially in the post-
2014 period. Figure 3 compares the timeseries of reserve demand elasticity estimates from
Afonso et al. (2024), and the corresponding measure from the model at equivalent levels of
reserve supply. Qualitatively, the model distinguishes between periods of abundant (when
the RDE was zero) and more scarce reserve supply with high accuracy. Quantitatively, the
ergodic distribution of the model fits the post-2014 sample closely, accurately capturing the
increasing scarcity of reserves which crystallised in the 2019 repo market turmoil. But in
the early post-crisis period, the model under-estimates the extent of scarcity. The difficulty
fitting both periods is unsurprising. Afonso et al. (2024) document low-frequency shifts
in the demand curve for reserves over time, with a notable shift occurring in 2014-15 with

adjustments to the ONRRP, which a single model parametrisation cannot reflect.

Figure 4 shows the observed quarterly volatility of the convenience yield on reserves as
a function of the level of reserve supply, used to calibrate the shock process. The model
reproduces the negative relationship between volatility in the convenience yield on reserves

and the level of reserve supply and matches the level of volatility.
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Figure 3: Slope of the reserve demand curve. Notes: The model-implied reserve demand elasticity
(RDE) since 2010 (red) against the rolling econometric estimates of Afonso et al. (2024) (grey,
points). For both the model and the data, the darker and lighter shades mark the 68th and 95th

percentiles respectively.

Data 95% ClI
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Figure 4: Volatility of the convenience yield. Notes: The standard deviation of the reserve convenience
yield at different levels of reserve supply in model and data (source: FRED); quarterly volatility is
estimated by aggregating observations into six bins of roughly twelve each.
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5.3 Optimal reserve supply

Having parametrised and solved the model, I carry out comparative statics with respect to the
size of the central bank balance sheet. Throughout, “steady state” refers to the risky steady
state, as in Coeurdacier, Rey, and Winant (2011). This is the fixed point of the economy
when shocks realise at their mean, but agents’ decision rules (and the value functions used
for welfare) continue to price the full distribution of future shocks, including runs. Unlike a
deterministic steady state, in which anticipated risk would be absent, this measure preserves

the precautionary behaviour that gives reserves their value.

Figure 5 shows steady state expected utility, W, evaluated at different levels of reserve
supply, converted into consumption-equivalent terms (pp) relative to the calibrated steady
state in the baseline model. Figure 6 shows comparative statics for key endogenous variables,

tracing the channels of the social planner’s FOC.

The optimal balance sheet in the calibrated model sits in the ample reserve supply regime:
the optimum is at the kink, with p approaching zero from above, and a near-zero convenience
yield. In the parametrised model, the optimal-sized reserve supply is roughly 15% of bank
assets. Given its location very close to the kink (rather than to the right of it, in abundant
reserve supply), some volatility in the convenience yield on reserves will persist (standard
deviation of around 6bps). Intuitively, consumers would have the central bank almost entirely
eliminate run risk, at the cost of lower consumption in good times. But when the risk of runs
becomes sufficiently remote, further expansions to eliminate extreme tail risks have a higher

welfare cost than the benefit of further liquidity insurance.

To illustrate what drives this result, consider two limiting cases and the comparative

statics of other key endogenous variables in the full model.
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Figure 5: Comparative Statics: Fx-Ante Expected Utility. Notes: The figure plots the expected
utility in 3 cases: the solid black line shows the full model. The grey, dashed line shows results for
the case where households assign zero probability to the bank run state, regardless of the banks’
financial conditions (are 'naive’). The red, dotted line shows the case where A = oco.

In the special case with ‘no runs’ (6o = 0), shown by the grey-dashed line in Figure 5,
depositors fail to anticipate runs, and always perceive the probability of bank runs to be
zero. Liquidity risk has no effect on agents’ expected utility and the provision of central bank
reserves confers no liquidity benefit. When there is no liquidity risk, the optimal size of the
central bank balance sheet is zero — the size which minimises capital misallocation. Scarce

reserves are the optimal supply regime.

The red-dotted line considers the special case where the central bank creates no capital
misallocation because asset markets are perfectly elastic (A = 00). Because additional reserves
do not come with any cost in the form of capital misallocation, they monotonically increase
welfare by reducing the risk of runs and alleviating financial frictions. Abundant reserves are

optimal.

In the full parametrised model, households account for the probability of a bank run when
forming expectations. Increasing the provision of reserves reduces liquidity mismatch on bank
balance sheets, raising the recovery rate and lowering the probability of a bank run (Figure 6,
Panel A), reducing the risk premium banks must pay their depositors and lowering lending

spreads.’® In the bank run state, consumption is increasing with reserve supply because

18A figure showing statics for other endogenous variables is included in Appendix E.
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banks are more liquid, meaning depositors recover a greater share of their funds (Figure
6, Panel B). The initial expansions in reserve supply generate substantial improvements in
expected utility for the household, largely driven by the liquidity benefits described in Section
4.

A: Probability of Bank Run, pss B: Household Consumption by State
Optimmat
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Figure 6: Comparative Statics: Endogenous Variables. Notes: The optimal size of the central bank
balance sheet is marked by a dotted line for reference.

The reduction in aggregate uncertainty also pushes down demand for precautionary
savings and the unconditional risk-free rate in (4) rises as reserve supply expands (Figure 6,
Panel C). This is driven by a familiar mechanism: public liquidity crowds out precautionary

saving and raises equilibrium rates (Aiyagari and McGrattan 1998; Nuiio 2025).

As reserve supply increases and the likelihood of runs falls, the marginal benefit of
additional reserves is decreasing. This is, in effect, because they provide insurance against
a form of liquidity risk which is becoming increasingly remote. As the marginal impact of
reserves on aggregate risk falls, so too does their convenience yield (Figure 6, Panel D): banks
demand higher compensation to continue to increase their reserve holdings as the marginal

benefits of doing so dwindle, consistent with the empirical evidence on convenience yields.

19This echoes findings that short-term rates increase in the size of the central bank (Arce et al. 2020) and
suggestions by policymakers that balance sheet expansions may raise r* (Schnabel 2025).
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When liquidity risk is sufficiently low, the marginal benefit of additional reserves has almost

no effect on the risk of runs.

When reserve supply is large enough to rule out the run equilibrium (i.e. z = 1 and p = 0),
the marginal liquidity benefit of reserves is (numerically) zero. The convenience yield falls
to zero (Figure 6, Panel D) and reserve demand is perfectly flat. The liquidity insurance
value of reserves collapses to zero: beyond this point, banks have a sufficient volume of liquid

assets to remain solvent in a run, and will only hold additional reserves at marginal cost.

The full model becomes isomorphic to the ‘naive household’ case when reserve supply is
large enough to rule out runs in the region of the steady state, and create a liquidity buffer
so large that shocks big enough to generate the risk of runs in future also have a probability
close to zero. At that point, the black and grey lines in Figure 5 coincide, when reserve

supply reaches almost 30% of bank assets.

In consumption terms, the effect of reserve supply on the level of welfare is small, but
not negligible. Moving from the pre-crisis steady state to the optimal balance sheet is worth
about 0.15pp of (certainty equivalent) per-period consumption. In the US in 2026Q2, this

corresponds to roughly $100 per year on average.?

6 Robust optimal supply of reserves

If the policymaker incorrectly estimates the model’s parameters, they risk mismeasuring the
forces which determine the optimal reserve supply, such as the location of the reserve demand
curve, the cost of reserve supply, and the probability of liquidity crises. The analysis so far
treats the calibrated parameters as known to the policymaker. In this section, I relax that

assumption.

In practice, the data do not perfectly distinguish the point estimate from a set of
neighbouring calibrations that match the targets almost as well. This section asks two
questions. First, how robust is the optimal policy result from Section 5 to parameter
uncertainty? Second, how costly would it be to operate a reserve supply policy which is more
robust? To answer these questions, I construct a set of empirically admissible economies and

then compare reserve policies by the “regret” that they generate.

I consider the question of robustness from two perspectives, which differ by the nature

20Personal consumption expenditures per capita (A794RC0Q052SBEA) in 2026. Source: U.S. Bureau of
Economic Analysis (2024)
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of policymaker uncertainty. First I consider a policymaker who acknowledges uncertainty
in parameter values, but trusts that parameter vectors which fit the targets more closely
are more likely. I then consider a policymaker who takes a more agnostic view, unwilling
to attach probabilities to parametrisations that lie within a broadly defined ‘admissible set’.
In this exercise, the policymaker simply seeks a policy which is robust across the range of

economies which cannot be ruled out.

6.1 The admissible set

To set the scope of the robustness exercise, begin by defining a wide set of empirically

plausible parametrisations.

Let © = (0, ™, Wh wb a,d0,81,\, x) collect every parameter a policymaker should doubt:
the estimated structural parameters of Section 5.1 together with the two parameters governing
the cost of supplying reserves, A and y. I explore this space with a quasi-random sample
of roughly 1500 draws of ©. These samples are spread evenly over the following space: the
estimated structural parameters vary within +22% around é,21 A spans the full range of
investor-level elasticity estimates [10.85, 32.76] (Eren, Schrimpf, and Xia 2023), and y its
observed range, [0.25, 0.45] since 1990.

To construct the ‘admissible set’, I retain the 484 economies whose implied moments stay
within the ranges the data have actually visited: bank leverage within the range of 8-20,%
return on assets within the observed historical range of the cost of intermediation, 1.46-2.35%
(Philippon 2015); run spreads within 150-350 basis points, and in which runs occur at a

positive annual rate (p > 0.2 per cent) no greater than 13.3 per cent.??

6.2 Regret and robust decision criteria

For each admissible economy, let M*(©) denote the optimal level of reserve supply a central
bank would choose under that economy’s true parameter vector. The “regret” of running a
common policy M in economy © is the gap between what that economy could have had and

what it gets: the certainty-equivalent consumption cost to households of a central bank that

21Except the banker survival rate o (£5%): it is a probability, so wide variation would exceed one, and in
expected banker lifetime 1/(1 — o) even £5% spans 7-22 quarters around the baseline’s 11.

22This wider range reflects the significant heterogeneity in leverage across the banking sector, with
wholesalers typically operating at higher leverage ratios (Gertler, Kiyotaki, and Prestipino 2016).

23This value represents the most crisis-prone fifteen-year period in US history—the 1893-1907 banking
panics (Jorda, Schularick, and Taylor 2017).
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acted on the wrong model of their economy,?*
r(M;©) = CE[W(M*(6);0)| — CE[W(M;6)].

Using this measure, I consider two approaches to robustness, which differ by the nature of
policymaker uncertainty. First consider an approach driven by the calibration data: each
economy is weighted by its conformity with the calibration targets, oc e=7/2.2> Economies
that match the targets more closely are treated as more likely. Second, consider a more
agnostic policymaker who wants the chosen supply to be robust not only to error in the
estimated parameters but to the possibility that the model or its targets are misspecified
or mismeasured. In this case, a closer fit is no guarantee of being closer to the truth, so
the policymaker attaches equal weight to every economy that cannot be ruled out, however
implausible the fit may judge it (Hansen and Sargent 2008). The two policymakers therefore
differ only in the baseline weights they place on the admissible economies: proportional to fit

for the first, equal for the second.

Given its baseline weights, each type of policymaker evaluates policy robustness against a
family of decision rules, indexed by a single parameter, 7, which measures the depth of the
adverse tail against which the policymaker insures. Decision rule 7 will select the level of
reserve supply that minimises the expected regret across the worst economies that jointly
account for a (1 — 7) share of the probability weight. The higher the value of 7, the higher
the level of robustness sought by the policymaker. Formally, this value is the conditional
value-at-risk (CVaR) of regret at level 7 (Rockafellar and Uryasev 2000). At 7 = 0 the rule
reduces to expected regret under the policymaker’s own weights: the fit-weighted expectation
for the first type, simple averaging for the second. As 7 rises the rule selects a policy robust

to an increasingly severe set of economies.

24Welfare levels are not comparable across candidate economies. For instance, a low-endowment parametri-
sation is poorer at every reserve supply, for reasons no policy can affect. The regret measure differences out
these effects, comparing only the loss the policy could have avoided (Savage 1951; Manski 2004).

25Economies are weighted by e~7i/2, which falls with the calibration criterion. As a result, better-fitting
parametrisations count for more. The exact weight corresponds to the Gaussian weight obtained by treating
the targets as independent normal measurements with standard errors . It is a simple device for rewarding
fit rather than a formal posterior, and the conclusion that fit-weighting concentrates the recommendation
near the point estimate does not depend on its precise form.
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6.3 Results

Under the fit-weighted expectation, which weights parametrisations by how closely they fit
the data, the estimated policy is robust. The expected-regret-minimising supply is the full
information optimum itself. Insuring against tail outcomes implies a negligible buffer of no

more than one percentage point against the worst 5% of outcomes (Appendix Table 4).%6

Now consider the problem of the more agnostic policymaker. Table 3 reports the results
from decision rules at different 7-levels, as well as the “Premium” the policymaker pays to
achieve each level of robustness. That premium measures the cost of deviating from the
full information optimal policy (expressed as a percentage of the original welfare gain from
reserve supply). Figure 7 shows the CVaR regret curves at different levels of reserve supply.
This depicts how poorly any given level of reserve supply performs against the 1 — 7 worst

cases. The policies selected by the robust decision rules are marked with vertical lines.

Rules that insure against deeper tail risks raise optimal supply. The averaging rule raises
the supply by 1.4 percentage points of bank assets relative to the central-case optimum;
insuring against the worst tenth of economies raises it by 1.8, and against the worst one per
cent by 2.4. These precautionary buffers are positive because the costs of deviating from
optimal policy are not symmetric: too few reserves raise the economy’s exposure to liquidity
crises, while too many misallocate capital. Averaged across the admissible set, the welfare
loss from supplying two percentage points too few reserves is about 1.6 times larger than
that from supplying two too many. A “robust” reserve policy therefore errs on the side of

‘too many’ reserves, rather than too few.

26Under fit-weighting I report 7 levels up to 0.95. The fit weights imply an effective number of economies
well below n; at 7 = 0.99 the adverse tail retains too few effective draws to estimate the CVaR.
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Table 3: Robust reserve supply: decision rules and the price of caution

Policy Supply AM* 95% CI Premium

(% assets)  (pp) (pp) (% of policy value)
Central (point est.) 15.6 0.0 — 0
Averaging 170 +14 [+0.8,+1.8] 3
CVaR 7 = 0.80 172 +1.6 [+1.0,+2.0] 4
CVaR 7 = 0.90 174 +1.8 [+1.2,+2.2] 5
CVaR 7 = 0.95 176 420 [+1.2,+2.8] 5
CVaR 7 = 0.99 180 124 [+1.4,428] 7

Equal weight over the n = 484 admissible economies; bootstrap 95% confidence intervals in brackets.
Premium: the central economy’s regret at the rule’s supply, as a share of the reserve policy’s own value

(0.15% of lifetime consumption).

These buffers provide effective insurance against severe outcomes. At the full information
optimum, the least favourable 1% of admissible economies implies an average regret of 0.11
per cent of consumption, equivalent to three-quarters of the welfare gain from adopting the
optimal reserve supply. For those economies, calibration error would forfeit much of the value

of the policy. The robust supply reduces that exposure by roughly a third.

Guarding against the most adverse tail risks forgoes between 3 (averaging) and 7 (CVaR
7 =10.99) per cent of the consumption-equivalent gain from supplying reserves, driven by the

capital-misallocation cost of a larger central bank footprint (See ‘Premium’ in Table 3).

There are two implications for policymakers. Weighting the likelihood of parameters
by their fit to the calibration targets, the full information optimal policy is already robust.
However, a policymaker who distrusts the model-implied probability ranking has a well-
defined response: a modest buffer of 2.4 percentage points ensures robustness to the worst
1% of plausible outcomes. Even the most risk-averse rules therefore prescribe a high degree
of restraint relative to open-ended, abundant reserve supply. Robustness to wide-ranging
uncertainty in the costs and benefits of reserve supply requires only a small expansion beyond

the point of ample reserve supply.
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Figure 7: Robust decision criteria. Mean regret across the admissible set (averaging), CVaR,, for 7
between 0.80 and 0.99 (swathe; darker shades insure deeper tails), as functions of the reserve supply
measured relative to the central-case optimum. Vertical lines mark the averaging and CVaRg.g9
optima; the dotted line is the central case, at zero.

Appendix D exploits the wide-ranging parameter robustness exercise used in this section
to assess which parameters drive both the level of optimal reserves and the asymmetry in

costs that generate the precautionary motives for robust policy results.

7 Conclusion

This paper has asked what the socially optimal long-run supply of central bank reserves is,
in a framework where both sides of the trade-off arise endogenously. Reserves reduce the
likelihood and severity of liquidity crises, while the assets the central bank holds to supply
them crowd out private intermediation and misallocate capital. Estimated on US data, the

model reproduces the non-linear reserve demand curve at the centre of current policy debates.

There are three policy relevant lessons. First, in the estimated model, it is optimal to
operate an ample reserve supply regime. The welfare-maximising balance sheet supplies
reserves up to the point where demand approaches satiation: enough that reserves no longer

carry a measurable liquidity premium (‘convenience yield’), but short of the open-ended
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provision of abundant reserves. Second, robustness to uncertainty requires higher reserve
supply. However, high degrees of robustness can be achieved with only a small increase in
reserve supply. In practice a highly risk averse policymaker would only choose to run a small
buffer above the ample optimum, not a return to abundant reserve supply far in excess of
what is required to satiate demand. Finally, the composition of the central bank’s assets has
only a muted effect on the optimal reserve supply at the empirically relevant calibration, but
bears on the cost of supplying reserves nonetheless. Policies which reduce the distortions
from operating a large balance sheet by widening the set of assets the central bank uses
to back reserves can deliver meaningful efficiency improvements. Such policies are welfare
improving in all states of the world, and reduce the cost of expanding reserve supply to ensure
robustness against more adverse cases. This result offers a welfare-based rationale for recent
decisions by the Bank of England and the ECB to broaden the set of collateral against which
they supply reserves (Saporta 2025; Schnabel 2024).

The simple framework presented abstracts from several margins that qualify these con-
clusions. The model treats the level of reserve supply as fixed, implying a vertical supply
curve. The framework is therefore silent on interactions with standing lending facilities and
with other policy tools (fiscal, macro-prudential). The model also focusses on a particular
channel through which reserve supply is costly in steady state. Other effects such as liquidity
dependence, or moral hazard arising from the public supply of liquidity in crisis are also
relevant factors to both the level of reserve supply and the optimal transition towards the
eventual long-run balance sheet (Acharya et al. 2023; Acharya and Rajan 2024; Acharya,

Rajan, and Shu 2025). I leave these extensions to future work.
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Appendix

A  Proofs

A.1 Proof of Proposition 3.1

(<) Suppose K = 0. Guess the symmetric allocation kr = ky = 1 and 2p = 2y = 2*. The
firm FOC is satisfied by construction. The fund managers’ portfolio ratio condition (20) gives
K2 /KR = eMep—an) = 0 = 1 50 kP, = k%. The budget constraint then yields k5 = kX = 1.

Market clearing is satisfied and MPKs are equalised across sectors, confirming the first best.

(=) Suppose K¢ > 0 and, towards a contradiction, that the equilibrium achieves the
first best, so that kg = ky = 1 and zg = zy. Market clearing for eligible firms requires
kp = kb + K%/x = 1 so that kb = 1 — K®/x < 1. Market clearing for ineligible firms
requires ky = k% = 1. But equal yields imply the portfolio ratio k%, /KR, = e*ze=2n) = 1
which requires k%, = k%, = 1. This contradicts k%, < 1. Hence the first-best allocation cannot

be sustained when K< > 0. [

A.2 Proof of Proposition 3.2

For a fixed total portfolio K¢ and finite A\ > 0, expanding the central bank’s eligibility set

strictly reduces the aggregate output loss from capital misallocation.

Suppose instead of allocating its entire portfolio to E, that the central bank holds a fixed
total portfolio K, allocated with intensity gz per firm in E and gy per firm in N, such
that xqz + (1 — x)gv = K®. For A > 0 and finite, the aggregate output loss from capital

misallocation is strictly decreasing in ¢y for gy < gg and equals zero if and only if g = qn.

Proof. Capital in each sector is kg = kb + qr and ky = k% + qy. The firm FOC gives

2z = Aak?™!, s0 2g < zy whenever kg > ky. The portfolio FOC requires kb, /k% = e*ep=2n),

When gg > gy, eligible firms are inefficiently over-capitalised, so zp < zx and kL /KR, < 1:
the private manager tilts away from eligible assets, partially offsetting the central bank’s
concentration. However, for finite A, the offset is less than one-for-one with the central bank.
Suppose, toward a contradiction, that private rebalancing fully restores kg = ky. Then
zp = zn, implying k%, = kY. But then kg — ky = qg — gy > 0, a contradiction. Hence

kg > ky in any equilibrium with ¢z > gy

Now consider a reallocation dqy > 0, dgg = —%dq]v holding K fixed. This directly
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reduces gg — qy. The private manager responds: the narrower yield gap raises ki, /K% toward
1, shifting private capital back toward eligible assets. But this rebalancing only partially
undoes the direct effect. The net effect is a reduction in |kg — kx|. By strict concavity of k¢,
the output loss |AY| = |A[xk% + (1 — x)kS — 1] is strictly increasing in |kg — k|, so the
distortion falls. At gg = qu, the unique equilibrium is symmetric (kg = ky = 1, zp = 2x)

and the loss is zero. [

B The Ramsey problem: derivation and characterisa-
tion

This Appendix derives the planner’s first-order condition (26) and characterises the three

regimes in which the optimal balance sheet can fall.

The recursion below evaluates the economy with the exogenous shock £ held at its mean;
aggregate risk enters through the endogenous probability of runs. The quantitative analysis
of Section 5 maximises welfare in the risky steady state, where agents price in the full
distribution of &, in which p, C,, and W, all vary with £&. The FOC derived here serves to

decompose the trade-off.

B.1 The planner’s problem

The planner chooses K to maximise W(K®) = W, (K®), where the no-run value satisfies
W = u(C) + B|(1 = p) Vo + W, (27)

with W, the value of entering a run from the no-run steady state. Differentiating gives

W,
dK b o

dc,
chb

AW,
dKcb :

[1-8(1-p)] W' (C,) + BOW, = W,)(—pk) + Bp (28)

The last two terms are the run-risk benefits, terms (i) and (ii) in (26). The remainder of this
Appendix characterises dC,, /dK.

Steady-state consumption is, from (23) and (21),
Cn = XYE + (1 - X)yN + Wh +wb - F(Kh)’

with y; = Ak® and total capital fixed at one, K" + K® 4+ K = 1. Differentiating and using
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the firm FOCs z; = aAk?_l,

ac, dkg

dk dK"
dK<b = X*E dIcb = a"K"

“N A< dK<b

+(1=x) (29)

The first two terms are the production-side effect of changing the allocation of capital; the

last is the household-side effect of changing how much capital households manage themselves.

B.2 Capital misallocation cost
Because total capital is fixed at one, differentiating xkg + (1 — x)ky = 1 gives

dkg
X chb

dkn

+(1—x) T = 0. (30)

Substituting into the first two terms of (29),

dkn
“N chb

= (v — ) B, DY) =y E

=X (D)

E
dKcb + (1 _X)

XZE

The factor ® records the equilibrium incidence of central-bank asset purchases on eligible
firms, net of private fund-manager rebalancing. The following section derives a closed form

and shows ® € (0,1] with ® -1 —xas A — 0and & — 0 as A — oc.

The capital misallocation cost is therefore v'(C,,) (z2xy —zg) ®: the marginal-utility-weighted
product of the MPK gap across sectors and the share of the central bank’s purchase that
lands on eligible firms. It is zero when K = 0 or A — 0o, continuous, and strictly positive

otherwise. In the calibrated model it is increasing in K throughout the relevant range.

B.2.1 Incidence of central-bank purchases

The production block (Section 3) is a system of four equations in (kg, ky, 2g, 2n):

2z =Aakd™, i€ {E N},

D
Kb AGp—=n)
= 6 y

kR (32)
XkE + (1 — X)kN = 1,
Ky =kp — K/x, Ky = k.
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The financial block enters (32) only through total capital, which is normalised to one, so ® is

a deterministic function of K and the production primitives (a, A, x, \).

Differentiate (32) totally with respect to K< and express every derivative in terms of

¢ = ydkg/dK®. First, adding-up (30) gives the sectoral responses,

dky  ®  dky @
dKe — y’ dKe 1 —x'

Second, the definitions of private holdings, k% = kp — K®/x and kX, = ky, give the private

responses: the eligible one carries the direct displacement —1/y,

il > —1 iy o

dK® x dK® 1—x

Third, the firm FOCs give the yield responses, dz;/dK® = —(1 — «)(z;/k;) dk;/dK.

Now differentiate the portfolio condition in log form, log k% — log kX = A(zg — 2zn):

dkl Jd K B dkR, Jd K< B dzg  dzn (33)
kb R T\dK®  dK® )’

and substitute the three sets of responses:

P -1 P ZE ZN

+ = AN1l—a)d + .

Xk (1= x)kY ( ) leE (1- X)kN]

This is linear in ®; solving,
p

1 1 ZE ZN
Xk i (1= x)ky tAl-e) [XkE " (1- X)k’N]
All denominator terms are strictly positive for A > 0, a € (0,1), K¢ € [0, ), and the first
equals the numerator, so ® € (0, 1] unconditionally. As A — 0 the third denominator term
vanishes and, at K® =0, ® = 1 — x: private capital does not rebalance and the purchase
concentrates fully on eligible firms. As A — oo, ® — 0: private rebalancing fully offsets the
central bank’s direct effect. In this limit the yield gap also closes, zy —zp = log(k% /k%) /A — 0,
so the misallocation cost (zy — zg)® vanishes at rate 1/A2. @ is continuous and decreasing

in A\ at any K > 0: more elastic private demand implies lower capital misallocation.
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B.3 The capital-reallocation term

The third term of (29), —a"K"dK"/dK®, depends on how much of the central bank’s
purchase the household ends up absorbing. Total capital is fixed, K" + K’ + K% =1, so

dK" dK?®

= (1422
dK<b ( + dKCb)’ (35)
and, writing s, = — dK"/dK® for the intensity with which banks shed capital as reserves

rise,
dK" dK?®
_ hpeh _ hyeh _ hgoh (1 _

a'K s = @ K (1 + chb) a" K" (1 — sp). (36)

The 1 is the direct displacement of household capital that would occur if banks held their
portfolios fixed; the —s; nets off the bank’s endogenous reallocation. Together they define

the capital-reallocation term of the planner’s FOC,
MBg = o/(C,)a"K" (1 — s), (37)

term (iii). It is a management-cost saving when s, < 1 (banks under-absorb, so households
are the residual sellers) and a cost when s, > 1 (banks substitute into reserves faster than

the central bank removes capital, so households must take up the excess).

Sign of s,. Two opposing forces determine the sign of s,. Reserves relax the incentive
constraint QK® = (/0)n by raising the franchise value 1, which raises intermediated capital
in value (pushing s, < 0); but reserves are also the bank’s preferred safe asset, so banks
rebalance toward them, and as @) rises they hold fewer units of capital for any given value
(pushing s, > 1). Because the management cost is convex in units, the unit response governs
(36). In the calibrated model the substitution force dominates: s, ~ 1.1-1.6 > 1 at every
reserve level, so MBg < 0 — the reallocation term is a small net cost, not a saving. The sign
is consistent with the empirical evidence in W. Diamond, Jiang, and Ma (2024), who find

that reserve injections reduce, rather than expand, bank credit.

B.4 The planner’s FOC
Combining (31), (36), and (29),

dc,
chb o

—(2y — 2g) P(K®) + "KM (1—s) . (38)

misallocation cost capital reallocation (MBg /u’)
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Substituting into (28) recovers (26), with MBg of (37) as term (iii).
Define the marginal cost and marginal benefit schedules,
MC(K®) = u'(Cy) (2n — 21) ®(K?), (39)

AW,
chb

MB(K®) = B(W,—W,)(—px) + Bp + MBg(K?). (40)

MC is continuous and strictly positive for K > 0; in the calibrated model MC is increasing
and MB decreasing over the relevant range, so the crossing is unique. MB is continuous at
K but falls steeply approaching it. With p = &, {1 — E(x)rl and d; > 1, terms (i) and (ii)
vanish as €71 and &% respectively in the distance e = K — K: for 6; € (1,2) the level of
MB is continuous at K while its left-derivative diverges. Past K only MBy survives; in the

calibration MBg < 0, so MB < MC and the planner does not expand beyond satiation.

The steep approach also explains why the location of the optimum is insensitive to the
level of marginal cost. Setting the leading term of MB equal to MC, the distance of the
crossing from satiation scales as £* [MC(I_() — MBK([_()} /(6171), an exponent of roughly
2.2 at the calibrated §; = 1.45. Any marginal cost below the scale of the liquidity benefit
therefore delivers an optimum concentrated just below K, and variation in the cost within

that range moves the optimum little.

C Computation

The computational strategy relies on a time-iteration algorithm based closely on that described
in Gertler, Kiyotaki, and Prestipino (2016), generalised to find the global solution under

uncertainty over the shock & .

For computation, write the bank’s franchise value per unit of net worth, the aggregate

counterpart of (8), as

1-— Niq —w?
Py = Npt Ey | Q141 —( AR )+ )
t o

where ;4,1 is the exit-adjusted discount factor of Section 2.3 and, by (11), (N1 — w®) /o
is next period’s net worth of the banks already operating at t, stripped of the transfer to

entrants.

46



Let the state of the economy if a run has not happened be denoted by
S = (N7 57 m)?
and the state in case a run has happened be

S*=(0,&,m).

The belief shock & of (15) follows an AR(1) process,
& = pe&i—1 + 0¢ ey, et ~ N(0,1),

which is discretised by the Rouwenhorst method into states = = {¢1,...,&,,} and transition

matrix P.

Policy functions are approximated as piecewise linear functions over the state space:
{Q(S), CM(S), ¥(9), N'(S,&), p(S), R(S), RI(S), V(S), T(S)}, S € [w’, N]x=x[0,m],

and, in run states,

{Q*(S*), C™(S*), V*(S*), T*(S*)}, S* € {0} x = x [0,m)].

Here R(-) is the deposit rate (2), R/(-) the risk-free rate (4), and I'(-) and I'*(-) denote

the transition laws for next-period states implied by equilibrium conditions.
Computational algorithm (time iteration)

1. Approximation space. Choose a functional space for equilibrium objects, and define

state grids:

G C[w’, N xZx[0,m], G*C{0}xZEx][0,m]
2. Initial guesses. Set i = 0 and guess
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RPol; = { Qi ("), C*(8%), Vi*(S"), T7(S") }s-ec-

For each current shock node &, define per-node successor states using transition

probabilities Py:
SHRS) = (N/(S,&), & m),  SH(S) = (0, & m), k=1,...,nz

For zero-net-worth states, the next-period law implied by the balance-sheet block is

N' =1+ o0)u’

. Interpolate. Given NRPol; and RPol;, construct approximating functions that match
the stored policy values at every grid point and interpolate linearly between them.

Expectations over the shock are formed by

E;[f(S") | 8] = Zpekf (Sk)s S = (N,&,m).

. Update policy functions. Compute updated objects @li and @i by imposing

equilibrium conditions with next-period objects replaced by their interpolated values at
{S N z k k: 1

For any next-period object F', the run-weighted expectation is

Fi(S) = Y- Pae [(1 = ni(S)F(SNE(9)) + mi(S)FY(SE(9))] . S = (N, &)

k=1

The run probability is updated from the noisy recovery belief (15), expressed per unit
nyg run(S)

zi(S) =) Pu ( = Lk + fk) ;

=L P RS 68 + ) - 1

where R;%"(S) is the liquidation value of the bank’s assets at node k per unit of net

worth and ¢;(S) + 7:(S) — 1 is deposits per unit of net worth, so that the ratio is the

of net worth:

numerator of (15) over its denominator. The run probability (16) is then

01

pi(S) = do {maX{O, 1 - fz(S)}] )

48



the maximum imposing the cap E(z) < 1 on the recovery rate.
The deposit rate solves the fixed point implied by (2),

1 ' w0 QR I
m = (1 —pi(9)) E;[A(S)] + pi(S) E;[A*(S™) 2],

where 2’ is the realised recovery rate of Section 2.4.

5. Convergence and damping. Compute the distance between the updated objects

and the current iterates,

dygr = Iglaé(HI\ﬁP\oli — NRPol; l@i — RPol;
€

- = e
If both are below tolerance (e.g. 1079), accept; otherwise update with damping weight
we (0,1),

NRPol;,; = wNRPol; + (1 — w) NRPol;,

RPol;.; = wRPol; + (1 — w) RPol,,

and return to step 3.

D Further robustness results

This Appendix reports two results supporting Section 6. The first, Table 4, gives the fit-
weighted counterpart to the decision rules of the main text: rather than weighting every
admissible economy equally, each is weighted by its conformity with the calibration targets,

~Ji/2 50 that economies matching the data more closely count for more. The buffers then

x e
collapse toward the central optimum — the averaging rule returns it almost exactly, and
even the deepest reliable tail (CVaRg.g5) raises supply by less than one percentage point —
because the fit-weighted mass concentrates near the point estimate. The equal-weight rules
of the main text are, in this sense, the conservative end of the analysis; disciplining the set
by fit shrinks the precautionary buffer to almost nothing. The second result, to which the
rest of the Appendix turns, asks which parameters drive the optimal supply and the cost

asymmetry behind the precautionary buffer.
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Table 4: Fit-weighted decision rules

policy supply AM* premium

(% assets)  (pp) (% of policy value)
central (point est.) 15.6 0.0 0
averaging 15.8 +40.2 0
CVaR 7 =0.80 16.2  +0.6 1
CVaR 7 =0.90 16.4 +0.8 1
CVaR 7 =0.95 16.6 +1.0 2

Each admissible economy is weighted by its conformity with the calibration targets, oc e~”#/2 (moment
criterion), in place of equal weights; reported to 7 = 0.95 (the deepest tail with reliable support under
fit-weighting, whose mass concentrates near the point estimate). Premium expressed as a percentage of

the value of the reserve policy (0.15% of lifetime consumption).

This exercise is a global sensitivity analysis in the sense of Harenberg et al. (2019):
parameter uncertainty is described by bounds, propagated through the model, and summarised
by the resulting distribution of the optimal supply. Unlike the local measures, it does not
evaluate derivatives at the point estimate. This distinction matters here since the model

displays strong non-linearities.

For each admissible economy I compute the own welfare optimum M and the own
satiation point (the supply beyond which the reserve demand elasticity stays within 0.25
basis points per percentage point of bank assets). Parameter influence (Table 5) is measured
by least squares on the nine standardised parameters, alongside the partial R? from drop-one
regressions. Regression-based measures are used because the admissibility screens make
the retained draws mutually dependent, ruling out variance decompositions that require
independent inputs. The exercise asks how the optimum varies as parameters move across

their full plausible ranges.

The location of each economy’s optimum is governed chiefly by the banking-sector
parameters — the household’s cost of holding capital o”, the seizure rate 6, and banker
survival ¢ — with the run-belief exponent ¢;, the household endowment W", and the eligibility
share y as secondary drivers. The demand elasticity A, the run-belief coefficient §y, and
banker start-up funds w® barely move it. The same parameters — chiefly o, 6, y and §; —
drive the asymmetry between the costs of under- and over-supplying reserves, and with it

the strength of the precautionary motive for robust policy.
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Table 5: What moves the optimum, and what moves the cost of missing it

effect per 1 s.d. partial R?

A. Location of the own optimum M} (pp of bank assets; R* = 0.95)

9 -4.28 0.89
al +3.72 0.92
o +2.65 0.75
51 -2.26 0.71
wh -1.37 0.66
X +1.28 0.65
o +0.83 0.26
A +0.40 0.15
w? -0.19 0.04

B. Regret asymmetry (under-/over-supply cost ratio; R* = 0.83)

9 -0.79 0.60
al +0.73 0.72
o +0.60 0.47
) -0.50 0.41
% +0.42 0.53
wh -0.23 0.24
o +0.22 0.12
A +0.14 0.11
w? -0.04 0.01

OLS of each outcome on the nine standardised parameters across the n = 484 admissible economies.
“Effect per 1 s.d.” is the ceteris-paribus change in the outcome when the parameter rises by one standard
deviation as observed within the admissible set (post-selection spread, not the sampling box); partial R?
is from drop-one regressions. Because the moments identify some parameters more tightly than others
(e.g. 0’s within-set s.d. is ~2% of its mean), the partial R? column is the more directly comparable
measure across parameters. Sub-grid effects (|effect| < 0.2pp in Panel A) are bounded by solution-grid

resolution.
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E Additional comparative statics
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Figure 8: Additional Comparative Statics.
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GDP - Federal Reserve Economic Data, GDP.

52

Net Worth n

2201

N
o
o

Capital Spread (bps)
=
©
o

=
~
o

0.060

0.055

0.050 1

0.045

210 1

190 +

Household Consumption by State

Reserve Supply m (% Bank Assets)

Banking Sector Assets - Federal Reserve Economic Data, TLAACBWO027SBOG.
Demand Deposits - Federal Reserve Economic Data, WDDNS.
Effective Federal Funds Rate - Federal Reserve Economic Data, EFFR.

Federal Reserve Total Assets - Federal Reserve Economic Data, WALCL.

Interest on Reserves (2008 - 2021) - Federal Reserve Economic Data, IORR.
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« Interest on Reserve Balances (2021 - 2025) - Federal Reserve Economic Data, IORB.
o ONRRP rate - Federal Reserve Economic Data, RRPONTSYAWARD.

o ONRRP - Federal Reserve Economic Data, RRPONTSYD.

e Other Checkable Deposits - Federal Reserve Economic Data, OCDNS.

o Other Liquid Deposits - Federal Reserve Economic Data, MDLM.

o Reserves - Federal Reserve Economic Data, WRESBAL.

o Savings Deposits - Federal Reserve Economic Data, SAVINGS.

« Reserve Demand Elasticity - Afonso et al. (2024).

UK

o Central Bank Assets - Sum over all line items listed under Assets in the Bank of England
Weekly Report Table B1.1.3

o GDP - Federal Reserve Economic Data, UKNGDP.
Euro-system

o Central Bank Assets - Federal Reserve Economic Data, ECBASSETSW.
e GDP - Federal Reserve Economic Data, EUNNGDP.

53



	Abstract
	1 Introduction
	2 Households, banks and the central bank
	2.1 Capital 
	2.2 Households 
	2.3 Banks 
	2.4 Bank runs 
	2.5 Central bank

	3 The cost of supplying reserves
	3.1 Capital allocation
	3.2 Equilibrium
	3.3 The efficiency cost of the central bank asset holdings
	3.4 Aggregation

	4 The optimal long-run balance sheet problem 
	5 Numerical analysis
	5.1 Parameters
	5.2 Empirical validity
	5.3 Optimal reserve supply

	6 Robust optimal supply of reserves
	6.1 The admissible set
	6.2 Regret and robust decision criteria
	6.3 Results

	7 Conclusion
	References
	Appendix
	A Proofs
	B The Ramsey problem: derivation and characterisation 
	C Computation
	D Further robustness results
	E Additional comparative statics
	F Data




